N> 5 NPPVNNNI NINON NIANIN




GOOL

S1'Nn Hrawvw2

D2™YN 1PN

L. D157 090N .1
B n"R annn .2
1 NPINOIYY MpPNYN .3
2 NPIRDD MPNYN MXIVN .4
30, MYIVN NDITY OMNINY OINVPY ,DMNNY O .5
3 D7 ONLYN ,NAN NP ,NIN - DINWN 190N DY NPIPND .6
B2 DNNWYN 1901 DY NPXPND DY MO M) .7
B nNYPON M .8
B DMIVNIN) DIV - MNIND NPIPNI .9
5 DINWYN NV DY MMNPNAY GIN) 1P .10
) ('INTID HHID) IR NNN DNNWN MY DV PPN DY NP .11
64 . NIDNM NIND NXIAPA DINYN MW PPN DY VOIMN NP .12
O D195 DYNVIN .13
720 21957 DNVIRN PVINOY .14
T4 (N1PI219) NPAVIP MOLPTNNIPA DN DINVIN .15
www.gool.co.il

BN T



GOOL

SN0 Hrawvw2

N 5 NP'VNNN2 N2NON NaNN

D' 201N 0DMaon - 1 71a

01Myn 101N

P NPOX02 MNDON NIODN - DX2ANIN DMODN .1

. 2P A9YIN TINN .2

O NIVIP NN 231N 90N MINN .3
www.gool.co.il

B T



1pa9 Gml [npindin}aNulghiv)al

mMoLLI NMAaN NN - 0N 0DNMavn

mMoYNY

:Z ININNDY MXNVNND NN TN 3-1 NMONXYA

z22-6z+13=0 (3 2°—4z2+5=0 (2 22+9=0 (1

:)2VN 7-4 MOYNWA
(i°-i%)* (5 (iv2)° (4
(-4-i)(2-3i) (7 (4+i)—(2+10i) (6

.2, =3,+hji 7Y z, =&, +bi D121 0DV NV ONN) (8
ST 2, -2, XNOUNN Z,+2, XINT
2,77 7, P a,70 g PAIVPINYD N
JPVUNN NN 7, -2, N9950N 2D ININ .2

.DY22Y DMAYN 7,,7,,...,Z, YT (9
|z,-2, |5z, |-]z,| X2y N
lz,-2,-...-2,Hz ||z, |-.. ] Z, | 22PN .2
FARSFARSR 2t B!

22599 99010 z 1 (10

1
SWUNN 190N z+E N ZP =1 ON PN

225999 99010 z 1 (11
SUNN 90N iz N |z+1Hz-1] ON :INOIN

WWW.GOOL..CO.il 915 103271 INT) 1910702 KON 1IN
© MO N — N AND




1pPH9 Gwl 022Y9) DYI90N

OO MAIVN

+3i (1

2+i (2

3+2i (3

-8 (4

0 (5

2-9i (6
-11+10i (7
NN TONY (8
NN TORY (9
N3N NONVY (10
NN NONY (11

WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN
© MY N — N9 2Nd




1pPH9 GWL 022Y9) DYI90N

A17INN TINXnN

MHNY

A(Z=Xx+yi NN NIRNND NN IIND) 1AVN 3-1 MONYI

i 1 1+i 5
-—— (3 —— (2 — (1
1-i (i+1)? 1-3i ( 2+i (

2 Z 297790 7190100 NX INNMDI 6-4 MONRYI MRNWNN NX 1IN

A+i)z*+2z-i+1=0 (6 77-52=10i (5 27-6i=7-1 (4

:(DMADYN ONINVN W-Y Z TYUND) NN MINNYND NN INIINS (7
3z+iw=5-4j
Biz—2w=5+8i

: DONIAN DY2277197N DI9DNN PIIY NR VN (8

J5-12i N
8+6i .1

: TINAD NN MINNYND DN ITINY (9
(1-i)z*-2z+i+1=0 .N
(—2+1)2% —(6+12i)2+10-251=0 .2

s MINVIYND DN IINS 11-10 MYNWA
iz?—2(1-i)z+6+15i =0 (10

2> —iz+6=0 (11

Z 1
.2e C\{0} qwN> Pra—) DYTN 1901 NIN NAN 190NNV NN (12

3 WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN
© MO N — N AND




119

Gwl 022Y9) DYI90N

Jz—il=1:0”pnn 20 2197931 990N NN (13
1NN
2_
|z[’=2Im(z)
z_—2| CR
1Z A

3+4i
2NV OWYNN NIN P 990nN (14

.a NNINID

.2, =a,+bji- z, =a +hi D251 09PN NV 0N (15

z

DYOPNNY TN, NNV TPYVNN NN L PIDOINN IRNINY >TI 2 ININ

Z,

a_h
aZ b2

WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN

© MY N — N9 2Nd



1pPH9 Gwl 022Y9) DYI90N

NP MAWVWH
2—-i (1
-Z+20 (2
-=+i (3
z=-1+2i @4
z=1+2i,z=4+2i (5
z=i,z=-1 (6
z=2-3i, w=5+i (7
z=%(3+i) .2 z=+(3-2i) .N (8
2,,=—2-i, 2-5i .2 z,=i,1.8 (9

z,=-2-5i, z,=3i (10
z,-3i,2,=2i (11
NN NORY (12
.IN2YN NONRVY (13

3
a=—— (14
4(

NN NORY (15

WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN
© MY N — N9 2Nd




1pPH9 Gwl 022Y9) DYI90N

NMavIE NI1IXa 201710 1PN NaxXin

MYNY

:PAVIP NOIN2 8-1 MYNYA DMHDNN NN IIND
1-i (4 3-3 (3 ~1-i (2 1+3i (1
-8 (8 i (7 J3-i (6 1+i (5

.z =Rcisf 251791 190nN N (9
:DY90NN NN §-1 R MYSNNI WA

N
u |

N
3

: 0NV DMYNY DN DOXXAN B>I9DNN > ININ (10

Z+7Z N
-7 .2

N
N

42
Z zZ

N

: DNV DIMYTN DN OMNIAN OM9DNN D ININ (11
2 =2
-7 N

11
—-= A
Z 17

2NN (12

Z2—-iZ=7+iz N

WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN
© MY N — N9 2Nd




1pPH9 Gwl 022Y9) DYI90N

NP MAWVWH
2(cos£+isinE (1
3 3

5wt

\/5 cos%nﬂsinT (2

J12 (:os%n+isin%7t (3

T . . I¢
2| cos— +isin— q
4 4 ¢
T .. T
V2| cos=+isin—=| (5
( 4 4

2(cosn—n+isin”—n (6
6 6

ﬁ(cosgﬂsing (7

8(cosm+isinm) (8

Rcis(180°+6) .» %cis(—@) A Reis(—0) .N (9
R® ) Rcis(90°+6) .0 %cis(180°+6) T

N5 NONRVY (10
NN NONY (11
N5 NONY (12

WWW.GO0OL..CO.il 915 103270 INT 2910702 KON NN
© MO N — N AND




GOOL

SN0 Hrawvw2

N 5 NP'VNNN2 N2NON NaNN

RAnanMmn -2 a

01Myn 101N

B DMLY .1

. VP AN .2

14 THPANOPD MONY NINIPY YD ,DMINIY DINPN .3

16 NNVN DY NHIT, TN D02 4
www.gool.co.il




2779 GWL RAn annn

DMV

.0,U ;DN DD DYNIPN DNMNID.U : TD U MOUPNN NN JIDI VX 1190 NIYN
Jlu ]l X0 90N Y29PN PO .U | T2 YIDI U MVOPNN DTN NN
NVPNN Y NNRIND DN NVPNN TR DX XIPI NVPY DTN

MHNY

— — — —

AYNav P,Q,R,S ©MOPNNIN TAN 5 NNON NN MY (1
NN DTN XIN PR NSIVN 5D 2NN THIRY NN

A(3,-6,-2 B(5.1,0) , 22PN NN AN VILVIVE (2
DM TIPTPN NYIDY N UY
D TPTPN NYY NN INSND
D C(8,-13) Yo )
JOP YNNHN INONL NN 2300

o7

DY NN MM PNV NN N (3
L0W0IWVWN YA DY U MOPNN INM ININ

11

g Y
A(11,7,0) LD VIIPTP M NYYY UOIWN NN Xan VvIva (4
U2IVUNI DMDONN WINN MNPV NN INSD
B(7,-4.1) C(3,0,5)
8 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



2779 GWL RAn annn

:(DYYDN P2 WP PN) DINAN DDYON DY DY (5
F(7,-1-3)- E(2,0,-3) mMpn mnm OX ,EF MOPNN NN NN X

M(0,-4,1) nTp3n NN OX , N NTIPIN MY NN INSD .2
-MN =(-1,-1,9)Mopnm

7095 DYPNN NN MM HPMTHY NN NN (6
AV NOPNN N U MOPNT IND INSD

y
JU=(4,-1,2) 9WUNI,U=V-Y)PMON,z-) Y ,X ININN¥D (7
v=(z-2,y+1,x-3)
SINID TP NN (8
.A(1,0,2) ,B(3,7,-4) ,C(6,9,0) ,D(7,4,10) ,E(9,11,4)
.AB=DE : M .X
2PN T AD =BC D)3 9219 Y0 OND .2
A(3 —6.-2 B(S 1 0) PN NN VIVIVA (9
DM ITIPTPN NYIDY INYUY
D TPTPN MNYY NN INSND
D C(8,-1,3) .
JOP YSNIN NNDNA PN N PN
9 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



2779 GWL RAn annn

.w=(2,6,-5) ,v=(4,-2,-6) , u=(-3,1,4) DNOPNN DN 16-10 MONV2I
PAVNING NN MININD MYPWYN NN IPIAON 16,14 ,13 MONWA *
:12wn (10
3u—-2v ) -0.5v .2 2u .N

avn (11

v-05u+2w .2 0.25v-0.5u .N
2v—-u+4w (12
u/ful (13
d(u,v) (14
v-u+2w-v (15

proj(u,v) (16

,C(3,-1,2), B(4,2,-1), A(L,—3,0) MMP3n MMM 19-17 mONwA
: DYNVPNN NN NINNY YN

AC+AB (17

2AC—4AB (18

2AC+AB-BC (19

: ABCD y2)1mn MMPTP NyaIx oonm (20

.A(-4,2,1) ,B(0,2,-1) ,C(-3,-5,0) , D(~7,-5,2)
IP922P0 NN YN 33 I

10 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd




2 P9

Gwl R~ annn

: ABCD Y2007 "MPTP NY1IN DN (21
.A(1,2,0),B(-2,53),C(-18,4) , D(4,3,-1)

3990 NN YAYINN D INDIN N
OMPIY MY 1990N OXRD .2

LAUNI,V-) U DNVPNN PIY TN DN WD (22
u=(-225),v=(4,01) .N
u=(6,-31),v=(253) .

u=(-213),v=(4-2-6) .

11

wWww.GooL.co.il 9NND 102 XTI 1IVIDA XON NINSY
© PMMYD NN —INM 2ANd




2 P9

ch)L RAn annn

NOYD Mvn

P=(4,07), Q=(-213), R=(6,40), S=(-2,4,0) (1
D=(6 -81) (2

u=(4115) (3
M=(712) (@
N=(-1-510) .2  EF=(5-10).X (5
u=(0,-7,6), v=(-4,7,6) (6

2=6, y=-2, x=5.N (7

N9 A NN NONRY N (8
D=(6-81) (9

(-17,7,24) »  (-213) .2 (-6,2,8) .x (10
(9.5,9.5,-18) .2 (2.5,-1,-35) .N (11
(19,19,-36) (12

-3 1 4
(v m)

V158 (14
14 (15
u* (16
(57.1) (17
(-8,-16,8) (18
(8,12,0) (19
.IN2N NORY (20

A .NON NONRY LN (21
a=180° .» a=90° .2 a=97.277° N (22

12

WWWw.G00oL.co.1l 9NND 10N INT MIVIDA XON NN
© PMMYD NN —INM 2ANd




2 979 GOOL Ran anann
MV AN
MONY
: R® 5w apm-nn W oxNIPTR 7-1 mNwA

W ={(a,b,c)|]a+b+c=0} (1

W ={(a,b,c)|a=c} (2

W ={(a,b,c)|a=30} (3

W ={(a,b,c)|]a<b<c} (4

W ={(a,b,c)|a=c’} (5

W ={(a,b,c)|[c-b=b-a} (6

PNAVN NITO OMNIN c-1 b ,a Mo
W ={(a,b,c)|b=a-q,c=a-q°} (7
JPoMN MITIO MMM e b ,a sl

MY MIAIVN

P (1

P (2

P (3

ND (4

ND (5

P (6

ND (7

13 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© NMPO N — N9 AN



S GOUOL

R2An apnn

NNMN? M2N NINN2 neMa , ONIND? Dxainy

: DYNAN DNVPNN DN 7-1 MONVA

u, =(4115), u,=(011-53), u,=(2,-531), u,=(13-12)

TU, DWOINDD PPN NIN U, OND X (1
1Sp{u,}-Y 7w U, ONRN .2

TN MON {uy, U, } NXIAPN DN LD

TU,-) U DY OIRDD PPN NI U, OND R (2
1Sp{u;,u,}-> 7OV U, ONN A
ITPINPY YN {Uy,U,, Uy} NXAPN OND )
LDMINRN DNVPNN DY MIRDY YPXI NP NVPI DD MW 191 NN

TU,-) U DWOIRDD PPN NI U, OND N (3
1Sp{u,,u}-> 7OV U, ONN .2

TN YN {U,U,, U, ) NXIAPD DR LD
.DYINND DINLPNN DY MINDD NPND NXIAPA NVPY 9D MV )10 NN

v =(4,12,k,—2k) N (4

V NOPNNY TN DY LK DYDY NPNRD IN N

TU,-) Uy DY OIRDD PPN I

V NMOPHNY 1N DY Lk DYDY DYDY TIN N
1Sp{u,, u,}-5 v

{u,u,, v} NPV TN DY Kk YW DY NN TIY N
ITPINIOY DN NN

N

.v=(a,b,c,d) ) (5

vV NOPNNY M Yy, a,b,c,d DY DONINN N

U, =) Uy DY OIRDD PPN D

vV NOPNNY M Yy, a,b,c,d DY DONINN NN

1 Sp{u,,u,}-5 TOw

{u,u,, v NPV NN LY, a,b,c.d Yy DNINN NN
ITPANODD DN MIN

N

14 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© PMYD N — N9 NS




2779 GWL RAn annn

Uy=) Uy LUy DWOINRDD XD (10,8,0,14) MOPNHN NN WD
IMNT NMIVYY 117 DNI9N NNO2

AU =Y Ug Uy U DY OIRDD QYN (7,10,-2,11) MOPNN DX WM
INNT MYYY 112 DNNIN NNO3

:TPINOD OMON DINIAN OXNVPNN, a,b,c HW DY NN NIY
{(c,2,4),(2.4,8,2),(c,b,6),(b,2,a)}

()

(7

(8

NOYD MmN

N2 D NY.aA O NY N

.U =2u,+U,, U,=U—2U;,)9.) D22 9PN
.U =4u,-u,, u,=4u,-u, 9.3 J2a PN
k=-4 )N

a=>5t+3s, b=4t-13s, c=7s, d =7t

POPN

NOPN

.a, b, ¢ DV 7Y 50

(1
(2
(3
¢
(s
()
(7
(8

15 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N9 2ANd




2779 GWL RAn annn

nxMLN 2Y NaT,TNM o2

MHNY

: R®-5 002 10 mNan mapn oxIpTa (1
{,0,1, (0,0,)} .X
{1.1,2), 1,2,3), (3,3,4), (2,2,)} 2
{2,3), (4,5,6), (7,8,9)} .

T ={12,3), (4,5,6), (7,8,9),(2,3,4)} R*-20M0OPI NP MM (2

RS D02 T ONN .N

LDV HY Y0P NNAP NONY, T NP INSD .2
LT -2 709800 Mdn >nda

.R¥ 5w 0020 T' nX MWHWN )

I MRNYN NIIYN DY MININD ANI1IY 1119) DDA NNINN

SNPINMIN MNXNVN DY MOIWN VoY PnD (3

X—=y+z+w=0 X+y—z+2w=0
X—y+z+w=0
{2 oVt 2742 0.3 X+2z-w=0 2 {3X—-y+7z+4w=0 1
X— Z+2wW=
yrezs X+y+37-3w=0  |-5x +3y—157—6w=0

1 MINNWNN NOIYN Y WINN 2NN IX W -1 100)
2 MINNYNN NN 7Y WINN ANINN NN U -1 190)

3 MINXNIVNN NOWN 7Y WINN ANIND DXV -2 190)
VU W=D 70m) ©Y02 INSD

U={(@hbcd)eR*la=c,b=d} ym (4
.U -5 1010 902 1NN

.U ={(ab,c,d)eR*|c=a+b,d=b+c} N (5
RUESR a)a) Rv2iva Rl ia)

U ={veR*|v-(1,-11,-1)=0} ym (6
.U -5 701 D702 INSD

16 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© PMYD N — N9 NS




2779 GWL RAn annn

AN -NND 19 DIV NNIYN

: R* 2P0 Yw 0n90 'nn MY DM 8-1 7 MYNwa
U =span{(1,1,-12), (3-17,4), (-5,3,-15,-6)}
V =span{(1,-111), (1,0,2,-1), (11,3,-3), (5,1,5,8)}

U -0 mNnvm 100,002 I8N (7

V-0 MR/ 100,020 IR (8

NNYY0N NHIIT ,NYI0N HY NNY AN NNY AN91IY 191 D102 NN

,NNVNN DV DTV AN NNYN ININID THNI DL INND 10-1 9 NIONRYA
: (rank) NXIVNN NHNIT NN NVHN)

4 1 1 5
0 11 -5 3
2 -5 3 1 @
1 3 -1 2
1 2 1 3 5
2 5 3 1 6
1 -1 -2 2 1 (10
-2 3 5 -4 -1
17 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© MDD N) — N9 AN



2779 GWL RAn annn

1190 MAIVN
ND ) N .2 NN (1
T'={(123),(456),(0,01)} 2  T'={(123),(456)} .2 NN (2
2.0 ,{(-1.5,251,0),(-1.5-05,0,1)} :©02-W (3
2.0 ,{(-2,-11,0),(1,2,0,1)} :002- U
3101 ,{(-1,0,0,1),(-1,0,1,0),(1,1,0,0)} : 02 -V
2:11,{(0,1,0,1),(10,1,0)} : 002 (4
2:1m,{(-11,0,1),(2,-11,0)} : 02 (5
:3:701,{(10,0,1),(-1,0,1,0),(1,1,0,0)} : 002 (6
2.1 ,{(11,-1,2),(0,-4,10,-2)} : 002 (7
3100 ,{(1,-111),(0,-1,1,-2),(0,0,-2,5)} : 001 (8
2:710m ,{(4,11,5) (011 -5,3)} : D2 : NNV AN (9

27T, 2 10N, : 001 : NTNY 2NN

3:1m,{(1,2,1,3,5),(0,11,-5,4) ( 0011) : D02 : NV 2NN (10

1
2 1 0
AT 31N, , , : ©02 :ATMY NN
1 ||-3|]|-16
-2\ 7 37
18 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© MDD N) — N9 AN



GOOL

SN0 Hravw2

N 5 NP'VNNN2 N2NON NaNN

NMIXD? MpPNyN - 3 214

01MyN 12N
NPINOYD MpPnyn .1

NPINIOY MPNYN DWW NN PYI) .2

www.gool.co.il
18

4—



3PI9 GWL NPINY MPNYN

NMIXND? Mpnyn

MYNY

S TPINRDD NPNYN RO OX,MPNYNNN NNX D NIy ,1vap ,15-1 MmHNWI

T(xy)=(x+y,x-y); T:R®>R* (1
T(XY,2)=(X+yY—22,Xx+2y+2,2x+2y-3z) ; T:R*>R® (2
T(xY,2)=(x+z|y]); T:R*>R* (3
T(x,y)=(x,y,2); T:R*>R* (4

T(x Y, 2)=(x+Lx+Yy,y+2z) ; T:R*>R® (5
(BeM,[R]) T(A)=BA+AB ; T:M,[R]>M,[R] (6
T(A)=A+A" ; T:M,[R]=> M. [R] (7
T(A)=|A|-l ; T:M,[R]>M,[R] (8

T(A)=A-A" ; T:M_[R]>M,[R] (9

T(A)=A" ; T:M,[R]—M,[R] (10

T(a+bx+cox’ +dx*)=a+bx+cx® ; T:P[R]— P[R] (11
T(p(x)=p(x+1) ; T:R[RI—>PRI[R] (12
T(p(x))=p'(X)+p"(x) ; T:RIRI—>PR[R] (13
T(p(X))=p*(x) ; T:R[R]—>P,[R] (14

(F=C,F=R) T(z)=7 ; T:C[F]—>CI[F] (15

19 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N9 2ANd




3PI9 GWL NYINYD MPNYN

L TPINYY 7PN NRAN NPTV (MY WP DX) m PN YW Ty DR MY (16
T T(XY) :(mzxzm, yo" +x) ; T:R* >R’

TN NN NDOPRN PINDD NPNYN NNMP DN WAP ,20-17 MINYI
MNP KD DX .NTNY N7 DR IWAP) NPRYNN DN INSD )0 ON

.T(1L,1,0)=(12,3),T(0,1,1) =(4,5,6), T(0,0,1) =(7,8,9)-w 10 T:R* > R® (17
.T(1,0,1)=(110),T(0,11)=(121),T(0,0,1)=(0,1)-w 10 T:R* > R® (18

-w o T:R* > R? (19
T(1,2,-1,0)=(0,1,-1),T(-1,0,1,2) = (1,0,0),T(0,4,0,2) = (2,2,-2)

T(1)=4,T(4x+x*)=x,T(1-x)=x*+1 -v 72 T: B[R] > B[R] (20

T(10,0)=(a,,8,,a,)
.T(0,1,0)=(b,b,,b,) :1m»pnn,T:R*— R® MINIY NpnyN NN (21
T(0,0,1)=(c,,c,,cC;)
X a b c)\(x
Tlyl=|a, b, c, ||y 5y NN npnynn NNONY INDIN .N
z a, b, ¢, )z
T:R™ = R™ May /X 9y0n Myvd NNnYT myv NIM N .2

TV =V IR»D Npnyn Nnn (22
1929797 N NN

DM NP {v, v,V NGO NP {T(V,),T(V,),...T(v)} DX .N
27 NP {TV), TV,),... T(V,)} W ,9"N118IP {v,,V,,...,.V,} DN .2

NOYD MmN

NO (5 NO (4 ND (3 P (2 P (1
ND (10 ND (9 ND (8 v (7 Y (6
ND (15 ND (14 19 (13 19 (12 P (11
2 (20 P (19 1D (18 D17 1D (16
NN NORY (22 NN NORY (21
20 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY

© MO0 N — N AND



3PI9 GWL NPINY MPNYN

NMIXD? MPNYN 2v nainm pyaa

SINND L6-1 MINYI MPNYNNN NNN 5D 1Y
YN0 TN OO0 N
N T D1 A

Ty, z,t)=(x+y,y—4z+t,4x+y+4z-t) , T:R* >R® (1

T(XVY,2)=(x-4y—2z,X+Y,y—2,x+4z) , T:R* >R* (2

X
1 2 3 1
T(x,y,z,t)=|1 3 5 -2 Y , T:-R*>R* (3
z
2 6 10 4 )

T(A):A-(; i}—[é 3/_\ , T:M,[R]>M,R] (4
T(p(X)=p(x+)—p(x+4) , T:R[R]I->PR[R] (5

D(p(x))=p'(x) ., D:R[RI>PR[R] (6

, TR 5 R® mryy npnyn nsn (7
4(4,1,4),(-1,4,D} > Yy nwI9) NNNNN IWUN

,T:R* > R® moIN»Y npnyn INsn (8
4{(0,1,1,),(1,2,3,4)} > Dy w19 NOW PY NN IWUN

LTV —=U OIRYD Npnyn NN

DMV 5w 10N IR dimIm(T) =dimKer (T) OX D0 (9

195997 N NN (10
Ker(T)=1m(T) nMayw T:R* > R® moan»h npnyn nodp N

Ker(T)=Im(T) nayw T:R* > R* mInydo npnyn noop .2

21 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N9 2ANd




379 ch)t NYINYD MPNYN

, TV W mar»d npnynw y (11

.dimIm(T)=dimKer(T), dim(W)=4:nm»pn
VOV THNN NYNY 51D DOINIAN PN N

10 .N

9 2

7 0

6 .1

MDY RO MWNN Do .0

£ 197791 IN NN (12
AM(T?) < Im(T) ©pnn T2V -V mIneh npnyn Y25 X

PNV T:V 5V /IRy npnyn 555 .2
T=T? o»>pmn, Im(T)=Im(T?), Ker(T)=Ker(T?)
,Im(T) < Ker(T) mo»pnn , T:V >V max»y npnyn 35 .
.T#0 N15N2 N

T()=AX ; T:R">R" npnyn ndHn A, N¥I0n (13
.S(y)=A"y ; S:R" > R" Npnyn NN AL 19N
m(T)=(Ker(S))" » wn

22 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© PMYD N — N9 NS




3PI9 GWL NPINY MPNYN

NOYD Mvn

310, R 5w 005 — mnn 110, {(0,0,1,4)) 01— Py (1
.0 +72°1,{(0,0,0)} :0va—PYN (2
3:790,{(11,0,1),(0,5,1,4),(0,0,-6,21)} : ©>D2 —NNNON
27190 ,{(-7,3,0,1),(1-2,1,0)} 203 -pyN (3
} D031 - 0N

2T {(112 (0,1,2)

2:10m, Lo ;0021 - Py (4
010 1

10
.2:7)37)9{ [ j} : D01 — NN
1 -1
A1 {p(x)=1}: 002 -y (5
27190 ,{p(X)=2x+5 , p(x)=1} :©01—nNNN
110, {p(x)=1}: 002 —-pyn (6
3o, {p(x)=x",  p(x)=x,  p(x)=1} ;001NN
X 4 -1 -1)\(x
T|y|=[14 1]|y| (7
z 4 1 1)z

T(xy,zt)=(-x—y+2z,-2x-y+t,0) (8
NN NORY (9

N> (10

.IN2N NONRVY (11

N3N NONRVY (12

N2 NONY (13

23 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© PMYD N — N9 NS




GOOL

SN0 Hravw2

N 5 NP'VNNN2 N2NON NaNN

NIMKDP? MpPNYM MXMLYN - 4 219

01Myn 101N

2 NPNYN MX1NY NYIVN .1

www.gool.co.il
23

4—



499 GWL NPINDY MPNYM MPION

NPNYN NaxX"My nx»Mmvn

: 19YN

D025 DN MO TNNIP NVPI DHWINN NN PIND W N PIAY ©IDID
(DMVPY DN PN ND) DIDIY DIDIN JAYN NWIVN)

792 NPOIW NIYRIN NIRYN ,TI9D

MHNY

: R by oova nw oo (1
B ={(110), (010), 011}, B,={(101)(012), (0,01}
. B, ©°015 DM MOPTNNIPN NVPI DX INSD N
[v]g, -3 My MOPY PO

. B, D027 ONY2 ML TNNKIPN NOPI NN INYD .2
[v]g -2 Py MO N

.B, ©010 B, ©02NN 72YN NYIVN INSND )
B.
.[M ]Bf -1 9% NI¥VN PN
.B, ©D12Y B, ©0DINN 12YN NYIVN INYND T
.[M ]:1 -1 9% NNIVN PND
2
: TINAN NNIYLN NN YN .71
M B, vls =[v 1
[ 132 []B1 []B2
M1 WVl =[Vlg -2
B "B, B

-1

g <) s

24 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MYD NN — N AND




499 GOOL NPINDY MPRYN MYION

T(XY,2)=(X+Y,y+2,2—X) , T:R* 5> R : mINYY npnyn nnvny (2
: R® Sv 0002 »v DI
B, ={(11,0), (0,10), (0.11)} , B,={(1.0,1).(0,11), (0,0.1)}
. B, ©°022 NPNYNN NN MIXONY NXTONT NN INSD N
[T Jg -3 100 w0o

.B, D012 NPNYNN NN MK1HNY NHIVNN NN XKD .2
T 5. -2 v n¥10m voo
2

:TINID NNYLVLN IR NIYN L)
Mg Mg =TVl -1

Mg, g =T )5 2

B B, _
[M ]Bz '[T]Bl '[M ]Bl _[T:'BZ -3
11290 NPNYNN DN
DPNYNN DY NIAPYM NVIPNIVTN NXRIVN .

DPNYNN INAY DMNXY DINVPI-) DNNY DY INNND
MOIOS NN NPNYNN ONRN

J 4

. .
-t -4

T:R* = R® ;o) npnyn nnmy (3
,B={(1,0,1),(0,1,1),(0,0,1)} D122 NPAYNN NN MY»NY NHIODNY N

1 1 0
.[T]B= 1 2 1|»n
2 -2 0

MY D097 XNV HINg MMPNYNN HNON NN

LR 9y INRdY MOIIR T O, R apnn Yv odooanw B,-) B i (4

29 -45 6 . (-1 -9 6
[Tla=]20 31 —4|a[M]7=1 6 -4|o30m
13 19 -1 5 l1 5 22

.[T]Bz IN) [M]Elz N VN

25 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO0 N — N AND




499 GOOL NPINDY MPRYN MYION

:DIPNYIN DX NMINONVY NNIVNN NN INSD (5

,T(A):@ ‘ZJA . T:M,[R]>M,[R]

ool 30 3 93 9 oo

,D(p(x))=p'(x), D:R,[R1— P,[R] NpRyNn NN NMIN»NY NYIONN NN INSYD (6
4= TV IN MLP NOYNN DIMINAN DY OVITIVON DIDIN 19D

.T:M,[R] = M,[R] mox»Y npnyn N (7
YOITIVON DDA NPNYNN DX MINMNY NXIONNIY VT

1 01 O
0 1 0 1
.[T]E =1 0 1 0 SN
0 1 0 1
PNYNN NNDN NN INSD

.T:B[R]— B[R] mn»5 npnyn NN (8
LVITIVON DIDIAN Y, NPNYNN NN THXMNN NXIVNN D PM

111
[T].=[o 1 2|:0n
0 0 1

PNYNN DN DX INID

.T:P[R]— P[R] MY npnyn nnny (9
B= {1,1— X, X+ xz} ©>027 92 ,NPNYNN NN MINIHNN N¥IVNN 2D NM

1 0 1
[Tl =|0 -1 -1|:2n
2 1 3

T(p(X)) INIRYD DT .APRYNN DN NN INYND N
MY DIDITOINVA N *
T2(p(x)) IXROINSD .2

JPUNN N¥I0N A SNM ,1INDD NPNYN T:R" - R" >nn (10
VeR" 935 T(v)=Av D»pnnw 15
.rank(A)=n-) R"-5 ©01 B )M
12970 [T 220N

26 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO N — N ANd




499 GOOL NPINDY MPRYN MYION

.T:R[R]— R,[R] 7YY npnyn nnmy (11
YDITIVON DIDIA NPNYNN NN MNINY NNITONIV T
01 0 1

1 01 0
'[T]E20101
1 01 0

DPNYNN DY DNNM PYI INSD N
PNYNN NNDN NN INSD .2

NN

.T:M,[R] = M,[R] 1Y npnyn NN (12
L0ITIVON DDA, NPNYNN NN MIXMNY NNIOVNNY T
1 2 3 0

45 6 0
ITle=l7 & o o™
000 0

DPNYNN SW NN PYI INSD N
DPNYNN SV T NVIPNIVTN ,NIAPYN NNV .2
PNYNN NNDN DX INSD )

.T(a+bx+cx?)=b+cx ; T:P[R]— R[R] : MINY Npnyn NN (13
PVIMIAD) NPNYN T -¥ NN

R Dyn nvum 2 Noynn 0NN anIn Vv =R, [x] >0’ (14
TPINPIN NPIWNN INTN , B = {1, x,X*} ©°020 M
T(p(X)=xp"(X)—p'(x) ; T:V >V
[T 7I8»0N NXIVND IR IRSD N

Am(T),Ker(T) 912y 700 D01 INSD .2

PYN NNIXND THXMNT NYIVNI WHNYI KD DT PYO NN : NN
27712 NN I35 NPNYNN NN NP ,NINNNM

27 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© MO0 N — N AND




4979 Gml NPIRDD MPNYN MXIVN

.S, TV =V nPIRDD Mpnyn >N N (15
.V -5 002 B={u,v,w} >
S(uy=u+v Tu)=u-v
4S(V)=v+w , <T(V)=v-w D N
Sw)y=w+u |T(w)=w-u
.Ker(T)= {0}, Ker(S)={0} :72M2N .X
DY INRA YNN NN ORD YR MPHRYANN NNX YD May .a
VAR YN {T(U), T(v),T(W)} OND WP

VAN nwNa {S(u),S(v),S(w)} oxn wap T

28

WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© NMPO N — N9 AN




499 GOOL NPINDY MPRYN MYION

NYAYD MIVN
B 1 0 O
(M]?=]-2 0 -1|a (xy.z-x-y).a (xy-x-z,z).N (1
Tl o1
s (1 00
NN NINY .1 (M= 1 1 1]7
2
2 -1 0
1 1 0 2 1 1
amowma [T]o=|1 2 1]a [Tl,=|0 0 0|.x (2
2 2 0 -1 0 1
:3:72pyn ,0 : NVIPPIVTN .71 N9 T
ND Y (L-12) DV YNN ;TR YYY 0.)

T(xy,2)=(x+y,y+z,2-x) (3

2 3 0 1 0 0
[M]2=| 05 -1 05| [T].=| 05 05 1| (4
2 2

025 -1 0.75 075 275 05
01000
00200 (1)_21(232
[Tl.=|0 0 0 3 0| (6 [T]. = (s
e 5713 5 4 -2
0000 4 5 2 0 &
00000

X y) (1 1)x vy

(; V=G0 Y

T(p(X)=p(x+1) ; T:R[RI>PR[R] (8

T (a+bx+cx*)=(a+2b—2c)+(2a+4c)x+(2a+b+2c)x* .N (9

T?(a+bx+cx?) = (a+2c)1+ (10a+8b +4c)x + (8a+6b +4c)x* .2

.INDN NONY (10
Ker (T)=sp{—x+x°,—1+x*} , Im(T) =sp{L+x*, x+x°} N (11

T(a+bx+ox’ +dx*) = (b+d)(1)+(@+c)x+(b+d)x* +(a+c)x* .2

S [ I P

tr(T)=15, det(T)=0, rank(T)=2 .2
DN NONY (13

By ={l,  dim(Im(T))=1 - =8 ‘01 8 -
0 0 0

.NOYN NONRVY (15

29 WWW.GOOL..cO.il 95 103291 1T 110702 NN 1NaY
© PMYD N — N9 NS




GOOL

SN0 Hravw2

N 5 NP'VNNN2 N2NON NaNN

NIXMLN DI DMNXY DMV, 0MNXY DD - 5 718

01Myn 101N

30 . MXIVN NDIYY DMNNY DINVPI DMNNY DYDY .1

www.gool.co.il
29

4—



5P19 Gwl .. ) DM”NXY DNVPY,DMNXY DIIY

11©22 ,0MNXY DMV ,0PNXY DY

MHNY

: DMNNY DMNVPIF) OMNNY DIDIY INNI 4-1 NMDONXYA MNIVNNIN NNNX DD NIY

1 -1 4 4 -1 -1
A=3 2 -1| (2 A=|1 2 -1| @
2 1 -1 1 -1 2
11 2
A:(l . (4 A=|1 2 1| (3
41 2 1 1
-1 3 0
;A= 3 -1 0| n®yvnnmMay (5
2 -2 6

JPOIN NNIOVN INSD N

DPNN DINDID INND .2

DNNY TIY DI DY IIONN 212390 NINY DNNY DY INND )
DNNY TIY DI HY TOUNINDIN 21N NN DONINY DXANID INSD T
.DMNNY DNVPYINYI D

OO NN NXIVNN OXN WAP )

DMNNDOY ,NOIO5 N NXIVNM DTN 3
JPNUOON NXMVN D IWNAL,PTAP =D -w 70, P 112970 NXMIVN INSD 109D

LAY yawn 1DOYY MM NNV NP N
2917071 DI NN INYD .V

.D»NNYN MDY 29D NN NXIVNN ORN WAP D)

,T2593 159 A Ptya AT INOINDA D997 NNIVNM NI
JODMIN HNP VOVNI VINOY TIN

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd

30



5P19 G/WL .. ) DM”NXY DNVPY,DMNXY DIIY

k-2 2k k+1
A= k-1 -1 2 |ym (6
-k 0 -6

T A NNIVNN DY OINNY TIY PN 2 990NN Kk TVNIN DY TIY NHND

a b b
A= -1 3 2 | OVNND NNONH NN (7
2 -8 -5

Aaba —1-) 1 P A HY D>-Y7YN DAY ,b-) @ MDY NN INSD N
12035 NYIVNN DN IWIAP ,N PYDIINSDIV b-) a 20y Ny .2

.3x3 70N MW MOYNN NNIVN AONN (8

1 -1
WV, =0, v,=[1],v,=| 1 | ONNNIVNND OV DMNNYN DINOVPNN M N
1 1 0

A =6,4,=2, A, =—4 D»NIYN DI DIDIRNN OM
. A NXMONN NN INSD

D»NNY DMNVPI NOYA ,3x3 TTON NP NOWNN NNIVN NNMP ONRN WP (9

1 4 7
A =L 4,=2, 4, =3 008N DWW OIINNDN, v, =| 2|, v,=|5],v,=|8
3 6 9

MININSD  NNTD NXT00D NNMPYNTNI2

£192990 N NN (10
12290 XN NOIYY NINNIN NYIVN D N
112290 XD NN )1DIOO MNNN NNIVN DD A
N0OYY NMIN NDAN NYIVN YD )
4
A4 yry0 VN oV YN RIN | 1| NOPNN IWUR A NNIVN NP LT
10

31 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



5P19 Gwl .. ) DM”NXY DNVPY,DMNXY DIIY

A TPV NNV NN (11
$ 122990 NN

12290 MIPN NXIVNN OX PN OX A NYIVNN OV IINY TV 0 X

AT HYONNY TIY NN % IN,ADVYIY A-1ND90 A DN .2

IMNIN DN IMN IR Y AT -9 A-H

o

.D»NNY DMNVPIOMN IR YW AT -9) A-H

O

CADUYIYRIN AN, A NINA DY NIV D2 D2INN DIDD DN .

J

A=F1IN,ADVYYNIN A DN AT =AT DN )
A=1IN A=0 IN,AS0 Yy NIN A D) A=A DX .}

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




5P19 val .. ) DM”NXY DNVPY,DMNXY DIIY

NOYD Mvn

1 X% =2, %3 =3 :0”08y 00y (1

v, =(102), v =(110), V,,

Vo ,=(-111) ,V, ;=(121) ,V,, =(-141) ,x=1, x=3, x=-2 (2
Voo 1 =(-10) ,V,, = ( 1) Viy=(1-21) ,x=1 x=4,x=-1 (3
( ), we1=(-12) ,x=-1,x=3 (4

=(111) : ©”n3y DNOM

x+1 -3 0
p(x)=(x—-6)(x—2)(x+4) .2 [—3 x+1 0 } N (5
2 2 Xx-6

X:6’ X:2, X:—4 .)
DIDOR DI — Xx=6,1 ONDON DY — x=2 ,1 DO DY — x=-4
1 90MNY 2121 — Vg =5p{(0,02)} 7

1 90MND 1 -V, =sp{(11,1))

1:momer 21 -V, =sp{(-11,0)}

N =R=
e
1
[IEN

o
Il
1

] 3 b M ) (0,0,1), (-1,1,0), (1L1,1) .n

o -

. 92017 | (- 4)2017 92017 _ (- 4)2017 0

.D - 22017 _(_4)2017 22017 +(_4)2017 O n
2 _62017 +22017 _62017 +22017 2_62017
m(x) = (Xx—6)(x—2)(x+4)
9N D
K =3k =—2 (6
9
APNYO RO 2 a=1,b=0Wa=3b=-4.8 (7
-1 3 0
A= 3 -1 0| (8
-2 -2 6

DON NI PR (9

1 1 1 0 0 1 0 0
NON T A=[ } D A=(0 2 0].a .A={0 2 O0]:no9n.N (10
0 0 3

01 0 0 O
.N099N .7 DN ) 0NN A PO X (11
NN R NN ) NN N
33 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd



GOOL

S1Nn Hrawvw2

N 5 NP'VNNN2 N2NON NaNN

NN1 YNLYN LN MNP ,X1IN - DINYN 1aDN 2W NXPNa - 6 214

01Myn 101N

L T DOINYN NV DY NP N1 .1
36 . DOINYN NV DY 1PXPNAY NN ONP .2
L 3 DOINYN NIV DY MSPNAY NN PNLYN .3
3 7Y NOYNN DXNLWN — NAD) .4

www.gool.co.il
33

B T



6 P19 Gml ..N)12D - DNNYN 190N DY NPXPND

DMINYN VY Y nXpna? Xian

s TMININ NPXPNONN NNX DD Ny
APXPNAN DY D NITHINND DIND NN INSD N

.D N¥IAPN OV NVPOILLIWVY .2

f(x,y)=5-%x" -y’ +In(4y-x*) (1
f(x,y):«/x2+y2—4+% (2
X

f(x, y)=1/—x2+y2+1+u (3
X=y

g(x,y) =X +4y +{x-4y (4

1 N 1
Jx+4y  (x-4y

f(x,y)= (5

h(x,y) =yX—+Jy+4 (6

f(x,y)=e” [In 24 Xy -4 (7
X2 +y
4
(X, y) =———— (8
I-[x|-|y]

z(x,y)=|n(x_4y] 9
X+4y

f(x,y)=In[xIn(y-4x)] (10

34 www.GooL.co.il 91N 10120 INT MDA KON PNIND
© PMMYD NN —INM 2ANd




6 P19 GWL ..N)12D - DNNYN 190N DY NPXPND

1 1 1
+ +— (11
x+4 Jy-1 7

(7292 X PYO DY MY) u(x,y,z) =

(NOTIN/OPTR DVTINOITNIOIND PI) f(X,y) = tan Z (12

arcsm(4x +4y )
(NDTIN/DOPITH DY Y PRONY ) f(X,y) = 2 \2 (3
In(x* +y*-1)

PID MAIVN

D={(X,Y)|%X2£ys\/5—x2} (1
:{(x,y)|x2+y224 x>0} (2
D={(x V)X -y*<1,y=x| (3
%xyn—%x<y<ix} 0
%xyn—1x<y<%x}
x>0

«xw|—4<y<x— X201} (6
D={(x V)| x*+y* =4} (7
D={(xY)|Ix]+|yl<l} (8

{(x y)|—x<y<—%x or ——x<y< xt (9

+ P

D={(x,y)|[x<0and4x<y<4x+1]or[x>0and y>4x+1]} (10

D={(x,y,2)|x>-4,y>1z>0} (11
:{(x,y)eRz\x;eo,y;{ +7zk X keZ! (12

D={(x,y) 1< X’ +y*#2 <4} (13

WWWw.G00oL.co.1l 9NND 10N INT MIVIDA XON NN
© PMMYD NN —INM 2ANd




6 P19 GW‘ ..N)12D - DNNYN 190N DY NPXPND

DINYN Y 2V PXpna? nan mp

NN YLLIY ,NITHIN DIND INYN ,6-1 MINYA NPIPNANN NNN 9D NAY
L TPNPNON DY NHNI/NANN MNP NN NN IOVIY)

f(x,y)% (1

f(x,y)=Inx+Iny (2

fx,y)=x"+y* (3

fxy)=yl-x"—y* (4
f(x,y)=In(x*-y) (5
f(x,y)= x\/y (6

;121 NP NAN VLAY 10-7 TMYRWI NPIPNAIN NNN 9 N1y
f(xy)=(x-1)*+(y+3)° (7

f(x,y)=¢e" (8
f(x,y)=2Inx+Iny (9
f(x,y) =min{3x, y} (10

: K P2NN P DX IVLVLIY ,13-11 MORYI NPIPNONN NNNX DD N1AY

(k=0,4) f(xy)=(x-y)* (11
(k=0,2) f(x,y):min{y—xz,x+y} (12

X2 +3x—y—3 X2 >
ey Y (13

(k=1) f(x,y)={

—X*+3x+y-3 X<y

36 www.GooL.co.il 91N 10120 INT MDA KON PNIND
© PMMYD NN —INM 2ANd




6 P9

GWL ..N)12D - DNNYN 190N DY NPXPND

-y x<1
f(X,Y) :{ y MPNPNON NN (14
2x+y x>1
(G y)=0 NANNHIP IR HIVVIVY .N

IPNIP NN F(X,y)=C NANNIP C »OIWIIND A
Y NIPN2 NN P IR

mHayn

.DX¥1931 DXNVYNN DI DY DIDPD INNNN N XDP Po2 *

STV MY DIMIPY = MWTR MMIPY = N0 MNP = NANONP **

NOYD Mvn

SY SN PN R NN, x=0 (1

DYV NOD NURIN WIAIN,x>0,y>0 (2
VNN Yo (3

DAY, Xy <1 (4

y<x* (5

AVOYN NVWNNOINN,y>0 (6

GooL.co.il : INND 1DIDN ,MONRYN INY DY DXVIVIVY DINRDND MNIND

37

WWWw.G00oL.co.1l 9NND 10N INT MIVIDA XON NN

© PMMYD NN —INM 2ANd



6 P19 GWL ..N)12D - DNNYN 190N DY NPXPND

DINYN N2V v nXpna? nni 'nvvn

MHNY

CF(X,Y,2) =4J4— X2 —y2 —z PSPNON MY (1

AMNX VLIV PEPNAN DY 2 NNIN NVLWN NN INNND

(XY, 2) =24+ X2+ Y7 PSPNON NN (2
AMINAVOVIYY MIPION SV 4 NN NLYN NN INSNH

L TININ YNLVYN NN INYD MNIN NPIYPNNN NNN 9 Ny (3
f(x,y,z2)=4""" N
f(x,y,2)=z—x*-y*> A

X2+2

.f(x,y,z):XZJr22

SPXPNAN DY NNIN INLYN NNX ININD

INPNAN NN (4

(XY, 2) =27 —yP = X% TONPNON NNM (5
NP DY NNIN INVLWN NN INSD

YD Mvn

.2 NPT (0,0,-2) NTIPI2 NMDINY MPLY NP0 O8N (1
.1VN 2995 NNAN (0,0,4) NTIPIA NIV OIVLION PRI (2
DMWN N (3

DVOHN PRIV XN K NnY nown .a

YN 995 NNan (0,0,k) NTIPI2 NIV

Ky novn o»p XD k<0 May (4
0N k=172y.(0,0,0) nTPy k=0 May
LY =N PN OYITIINYOVDON VYN Kk >1 2y
. Z =N PN DY NNV HOVIIN VN 0<k <1 M2y
DVONR VIN K =0 MY SNYP-TN TXIVIIPN K <0 My (5
ANVPAT PRIDIPN K <0 M2y

38 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd



6 P19 th ..N)12D - DNNYN 190N DY NPXPND

MY n”vnn 0°)Nvvyn - Nav)

X
—+

2 2
Yy
a2

2
z
>+— =1 :pxnwn

c

(=3

s MOYHN DN MOPTNNIPI P NYONI DINND : NNON
,a=b=c ox.02apn o0MNMWNI OONNN D) DN T

.02y DN DN DINNN a DT DY N1 HIP)

X2 y2 Z2
—2+—2:—2 :ONNIVN
C

QD
O

J(PUNIN) DTIPY NN XY NN TIND NN
MOYONR DN Xy NWNY DDIAPN DXNYINI DIONNN

DYONMN DY I 0N yZ -1 XZ NYNI DIONNN
PR DNV DAPN DMNWINI DIONNN ; PYRII
M990 ON

AN MNWNY DINNNN VXN DY XIN VNN IO *
.DYOND TN 72D

2 2
X
Xy

7t =1 :pNnwn

QD

DONNMN ON T2 ;NOPON NI Xy NN TN - NN
- XZ NWON OONNN . XY NWND DYIPN DXNYINI
DNMYINI DINNN DN TI) OIAPN DXIY I ON Yz
NOT D930 INNYNM NN . DN DNWN DXIPN
.D9wN 0N YN oannn, X2+ Y2 =r?

YN IPRY MNWND DINNNN VNN DY XN D930 3990 *
590 nxnwna

TINIDNIYN

IIN VIIN

YVIIN D)

39 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



6 P19 G/WL ..N)12D - DNNYN 190N DY NPXPND

2 2 2
X z
—2+y—2——2 =1 :pxnwn
a“ b ¢
DYINNN 0N T2 ; NDOYN NI Xy NN TAND : INN
- XZ YN OONNN . XY NWNI DIPN D3NN

D>5’2PN DNV DXINNN D) DN TI ; MNAIN ON Yz

JON DNWINY
DINNNN SN DY NIN INYP-TN PRIDIAIND 1990 *
.DY1NN MAOY NINVNY

NP -1D PINIINA99D

2 2 2
Xy oz
—+5-—=-1 :pxnwn

QD
O
(@]

DONNM; Xy NN TNN PR 1Y NOWNY : NN
,NOYNN NN DOMNN, Xy NN D¥9Ipn DXNena

; MN2IPN DN Yz -) XZ MWNA D¥ONNN .MOON ON

AON DNYIND DDAPN DNWINI DXONNN D) DN T
DINNNM PN DY NI ONYPI-1T PRI 1IN *
.DIMMNN POV MNVNo

Xy oz
—2+—2:— DNV
c

QD
oy

DYINNM ; (MYRIN) NTIPI XIN XY NN TN : NN
DN POYN DONINN Xy NN D¥9APN DINWNI

DN T2 ; MNIAIV ON YZ -) XZ NN DINNN .MDIN

9N DMWY DYDYAPN DMNIYINL DXONNN D)
DONNNN NN DY NIN YVHND TINRIDIAION 1M *
W29 NOY WaNIN MINVNY
c<0 oxy nYyn »955 NNy NN €>0 ox *

VN 1953 NN TININIAIN

NP =17 4INIDNA99N

VAYN TINITIYD

40 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



6 P19 th ..N)12D - DNNYN 190N DY NPXPND

12990 PNINAID

2

yA
—y— =— :ONXNWYNH

2
b ¢

SDN| >

DXONN) DMWY N KIN XY NN TNNN NN
DN Xy YN DXD’APN DNV DINNM ; YN
PN PP MNN XYy NYINT SYNv PN ; MNAION

X1 VY NP MNND Xy NN AINNNY DX Y -1

D3 DN T2 ;M ON yZ -) XZ NN DINNN

JON DNYINID DYDAPN DN DIONNN
DINNNN NN DY NIN YVPHNN TIRIDIAION 1IN *
W2 NOY 9NN Mnwnh

Cc <0 oN) NYYN 2955 NN XII19N €>0 DN *
.1V 2955 NN TNIVIANN

MY NPT

L Y
1

300 ©V3.0

2

z=3-x"-y

1,0, 0

X+y+z=1

41 www.G0ooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd




GOOL

SN0 Hrawvw2

N 5 NP'VNNN2 N2NON NaNN

DINYN 1N 2V NXpna 2w max 1 m212x - 7 1a

01Myn 101N

B il DOINYN NV OV PSPNI DY D) .1
B DOINYN NV DY 1PXPND DY MPNI .2
B8 M212) — MNRNON .3
www.gool.co.il
41

B T



7979

Gwl ... OV NYXPNS HY MONT MDA

DNINYN Y 2V nXpna 2y 712

mMYNY

:9=1 MONYA MDD NN HNIVN

H 3

. SIn(X
lim (3 y)

x)-(00) X7y

sin(xy — 6)
-2 x°y® —36

arctan(x+y—23)
-2 In(X+y—2)

lim (O +y)In(x*+
o im L (EY)In(E +y)

lim sin(w/x+ 2y —-3)

G- 1) X+2y—3

2x+y-3-1
(xy)-»12)  2X+ y—4

2

Xy-y
X_

(x,li% x=4Jy

_ sin(x(y2+zz))
lim >
(x,y,2)—(0,1,2) Xy

i sin( X2 +y2)

(x,y)—(0,0) 3 X2 + y2

(1

(2

(3

(4

(s

(6

(7

(8

9

42

wWww.GooL.co.il 9NND 1032 XTI 1IVIDI XON NINSY

© PMMYD NN —INM 2ANd



7979

lim|y[ (11

y—0

lim> (13
&

3
lim—Y (15
o 2x° +y°

Xyz
||m#
X%OX +y +Z

y—0
z—>0

(17

lim X~y

— (19
(X,¥)=>(c0,) x + YX+ y

x'+y*

2 2 (21
(x,y)—>(0,0) X + y

2, Eyh

M (23

(xy)>(00) X* 44y
XC+y +7°

m 5 > (25
(y.2)>(000) X“ + Y + 7

GUUL

. IV NPIPNG DY MONY M)

:17=10 NMYNYA MDD DN VN

:25-18 MYNYI MYHN NN HNIIVN

3

lim (18

(x.y)-(00) X2 +y

. SIN( X

lim &
(x,y)—(0,0) ’X2+y2

i 3x% — x? y +3y (22
(x.y)—(0,0) X2 +y?

(20

lim yIn(x*+y?) (24

(x,¥)—(0,0)

MY D997 XNYWA NN MOIY X9NIN 25-1 23-20,18 MONWVA *

: DYNAN DYON DY NY (26

3

XY 5y23n nxavn N
x> +y?
sin(x%y)
lim————~ 50 Nx 1wy, ||m— =1 PN DAY A
5 XY t
e . e -1

lim— 21200 NN VM, lim =1 VPN NDANWD D

xag X~ + y t—0

Yy
~In (x3y +1)
Imo]W 91201 NN navm, Ilm =1 VPN MDA NN T
X—> +
y—0

IRV G0 1N XD VT DNV PNMY NIAVNIIND *
43 www.GooL.co.1l ANNT 193371 INT 21002 NI NN

© PMMYD NN —INM 2ANd



7979

GWL e U NPEPND DY MONN M)

lim(sin x+cos y) =1 »3 mY7anM %97 N (27
y—0

) Ixirr; X2y =4 >3 NYTHNN 299 1NN (28

y—l

lim 2x%y =8 3 NYTHINN 299 NN (29

y—4

YD Mvn

1 Q4
— (2

1 (3
0 (4
NMOPN (5

(6

(7
(8
0 (9

2120 PNPNAY PR (17 — (10
0(18

0(19

0(20

0(21

3(22

0(23

0(24

0 (25

0.7-X (26

NN NONY (27

NN NONY (28

NN NONRY (29

1
2
2
5

44

wWww.GooL.co.il 9NND 1032 XTI 1IVIDI XON NINSY
© PMMYD NN —INM 2ANd




7979 GWL e U NPEPND DY MONN M)

DNINYN 1Y 2 nXpna 2y manxn

MHNY

.(0,0) NTIPIA NVXPNON M NN IPTA 3-1 MONVI

TP 19N NN TPEPNOM NN
MTIPI NONY PPNNY TD NMIN PTINY 1) ONN

sin(x*+y?)

oyt ey )00
2 (x¥)=(0,0)
X +y°

Foy)={x+y’ xv)=00) -,
0 (x)-(0.0)
X’y

f(X,Y)Z Xty (X,Y)i(0,0) 3

(xy)=(0,0)

.(1,4) DTIPI NPIPNAN MY NN IPTA 5-4 MONYA

-4
f(xy)= (x—1)2+sin2(y—4) (xy)=(14) 4
0 (xy)=(14)
D4
{ (xoy) =) (e rsint(y—a) YV FE
0 (xy)=(14)
MY (xy)2(0.0)
Yp m N, f(xy)=4x +5y N (6

0 (xy)=(0.,0)
ITPYNID NN TPNPNAN M DY DYDY PN NIY

45 www.GooL.co.il 91N 102N INT M0 KON PNINID
© PMMYD NN —INM 2ANd




7979 val e U NPEPND DY MONN M)

NP IIPND NMPRY , f = f(X) NYINT VRN MNPN MM (7
X2 —4y?

f X,¥)#(0,0

s e | ()=(00)

0 (x,y)=(0,0)

1(0,0) NTIPIANDNT g TPPNON DN

NYITN MIPNS TN

s TIN2N MIYOLN NN I1DMN NI (8
Y 990 Iirrg f(xy)="f(0y) ON

, X 990 Iylgg f(x,y)=f(x0) on

leirog f(x,y)=f(0,0) W
y—>

(%, y)999 | f (X, y)|<sin®(x‘ +y*) mo»pn f(x,y) mspns (9
.(0,0) NTIPIA NDXNT TPIPNINY NN

TINPNANY NN DY (0951 ON) k W12aPN DY TN NN TN NN (10

Xyz
—— (X¥.2)%#(0,0,0
12NN 992 NN N f (%, y,2) =4 X + Y+ 27 (xy.2)#(0.0.0)

k (x,y,2)=(0,0,0)

D P (11
Ly Mnwnn 292 WD o) | f(xY,)— FOGY) K Y, -y, | ©pnn x 935
O NN 292 oW NIN) | f (%, Y)— F(x,Y) IS x —x | ©»pnn y 535
NYNN D1 N9NT f(X,y) M INOMN

£ 125990 N NN (12
NWINN 992 NN (X, y) 2 N

f(x.y)

2= Jx=y)? ~100

.z2(L,14) <0, z(14,2) >0 > N1
.2(c,,¢,)=0-v 75,(c,,c,) NTIPINNDMP z S¥ NITINN DINNI IN

NYIN NIPND TN

46 www.GooL.co.1l INNT 193371 INT 21002 NI NN
© PMMYD NN —INM 2ANd




7979 GWL e U NPEPND DY MONN M)

NOYD Mvn

9N PN PPN, £(0,0) =1 TN DX NN XY I¥pNoN (1
DN TPNPNON (2

22123 5952 1D PN NN NN TPNPNON (3

DN INPNON (4

.912) 5952 N0 PR NN ND MISPNON (5

9N NY PPN M<L Ay, NN 7PNPN9N m>1 My (6
9N KD P8P (7

N0 MONY (8

N0 TORY (9

k=0 (10

NN NONY (11

NN NONY (12

47 www.GooL.co.il 91N 102N INT M0 KON PNINID
© PMMYD NN —INM 2ANd



7979 GWL e U NPEPND DY MONN M)
M212x - NINNOPN
X — —©0 Xx—0 X —>00
gL 1, ERN S 1_,
X —o0 0" 0 0

y=¢ e =0 e’ =1 e” =0
y=Inx - In(0") = -0 In(e0) =0
y =arctan x atan(—o0) = —— atan(0)=0 atan(oo) = —
y=a*,a>1 a”=0 a’=1 a” =
y=a‘,0<a<1 a” = a’=1 a” =0
y =sinx - sin0=0 -
y = COS X —— cos0=1 -

_sinx 0 1 0

X
_ fanx o 1 o
X
1Y _
y=(1+j e (fromright) 1 e
X
1

y=(1+x)* - e 1
y=+/x ——- Jo =0 Jo =0
y:ﬁ/; — 0 3/620 %:OO
Defined Limits:
w-0=0m, oo(-w)=-0, wo+o=0, wofa=wn, o (ta)=+w , oo/ (+a)=1o
Undefined Limits:
Q,S, w—o00, 0-00, 17, 0°, o0°
0
48 www.GooL.co.il 91N 10120 INT MDA KON PNIND

© PMMYD NN —INM 2ANd



GOOL

SN0 Hravw2

N 5 NP'VNNN2 N2NON NaNN

NrR?N NN - 8 714

01Myn 101N
NYRI ATON NYPON M .1

MY ITON NYPIN M .2

www.gool.co.il
48

4—



8 P19 GwL nYPON M

NWNI 1TON NMR2N NN

MHNY

NN MINPNAN DY PYNKI TTON NPPONT MITNIN NN H1IIWN 10-1 MONWI

f(x,y)=x’Iny (2 f(x,y)=4x>-3x’y*+2x+3y (1
x’y*(\/y +5In
fO0Y) =(F+y°)-(2x+3y) (@ (f o) F(x,y)= v ({Jy +5iny)
' y*+5y+y’
2_
f(x,y)=sin(xy) (6 f(x,y):X 32y (5
X+Yy
f(r,0)=rcosd (8 f(x,y)=arctan(2x+3y) (7
f(u,v,t) =e"sin(ut) (10 f(x,y,2)=xy’z® (9

2(xy)= In(\/§+\/§) N (11

.x-a—z+ y-gzE 3NN
ox 2

(% y,z):ex(yz—%j N (12

ﬂ[o,_l,lj, ﬂ(o,_l,lj, ﬁ(o,_l,lj yaen
ox 2) oy 2) o 2

PP NIWD
f=fxy) = f,=0=1; f=22¢
OX oy

49 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




8 P19 Gwl NYPON MDD
YYD MIVN
f, =-6x’y+3 f =12x*-6xy°+2 (1
5
fy:X— f =5x*Iny (2
y
y4(\/y+5ln y)
f =2x—; v (3
y +5y+y
f, =6xy® +12y° +3x* f =6x>+6xy+2y° (4
¢ _ -3x+3y?-2x%y ¢ X2 +2xy° +3y s
Ly ()
f, =cos(xy)-x f,=cos(xy)-y (6
f, = ;2 f, = ;2 (7
1+ (2x+3y) 1+ (2x+3y)
f,=-rsin@ f.=cos@ (8
f =3xy’z° f, = 2xyz® f =y2° (9
f,=u-e" .cosut f,=u-e"-sinut f, =e"[vsinut+tcosut] (10
NN NORY (11
ﬂ(o,—ﬁj =-1 ﬂ(o,—l, —j =-2, q(o,—l, lj =4 (12
ox 2 oy 2 oz 2
150 NYN
fng— 1 fy:%:fZ
X
o f o’ f
f=f(xy) = fxx=8X2= 11 yy_W fy
o o ¢
Yoeyax Y awey
50 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd



8 P19 G 0\ 0 l NYPON MDD

MY TPN N1R2N M)

MHNY

;NN MIIPNAN DY NIV ITO TY NPPONN MININ DD NN HIVN 14-1 MONVA

f(x,y)=4x* —x*y* +4x+10y (1
f(x,y)=x'Iny (2
f(x,y)=x*+y*—6xy (3
f(Xy)=x+y’ +3L-y)(x+y) (4

f(x,y)=xy(x-y) (5

f(x,y)=(x-9)(2y-6)(4x-3y+12) (6
f(x,y)=eY(x+y) (7
fxy)=e™ (X +y°) (8

oy =(x+2y?)e ) (o
f(xy)=In(1+x*+y*) (10
f(xy)=In(x*+y?) (11

f0y) =In({+y7) @2

f(x,y)=sin(10x+4y) (13

f(x,y,z)=xyz (14

51 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© IO N — N 2AND




nYPON M

e GOOL
S (xy)=In(xy=x*—y*) My, f, (11) yawn (15
f(xy)= In(x2 + y2) My, f,(11) yawn (16
(% y)=PE+y? My, £, (11) awn (17
X2
f(xy)= N (18
Iny+x
0% f o* f o* f
2 (Le), W(Le), (Le) xawn
120 NIYN
of of
fX:&:fl fyzazfz
o’ f o’ f
f=f(xy) = fXX:¥:f11 W:W:fzz
o* f o* f
fxy = G'y@X =l fyx = 8X8y = f21
52 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd




8 P19

fy =_2X2y+10
fy =—4xy
X
y —_ —_—

y

3
f, _ax

y
f, =3y” —6x

f . =-6

f, =3y?+3-3x—6y

f, =e” 'X(X2 +Xy+1)+(0+ x)-e¥

f

f, =x*—2xy

f, =™ (X* +y* +2y)

, =e—x2_y2 (4y_2X2y_4y3)

=X (—2x)

f _ e7X27y2

GUUL

fxx :8—2)/2
f, =—4xy
f,=12x%Iny
3
o _ax
y
fxx = 6X
f, =6
o = BX
fXy =-3
f =2y

fxy = fyx :2X_2y

f,, =2[0-6x-1-54+0+0]

f,=e” (X2 + xy+1)

nYPON M

NOYD Mvn

f, =-2x°

yy

f =4xIny

f =3x’ -6y
fyy =6y

f, =3x*+3-3y

f,=6y—6
f =2xy—y?
f, =-2x

vy

f, =2[8xy—3y’-1-24x—0+57y-1+72+0+0]

f, =2[4x2 -1—3x-2y—0—54y+57x-1+0+27+0]
f, =2[8y—0-24]
f, =2[8x-1-6y—-0+57+0]
f :exy(xy+ y? +1)

o :exy'Y(Xy+ y?+1)+(y+0+0)-e”

fy =€ x(xy+y? +1)+(x+2y)-e”

f e (x4 7+ 2)

’ fxx =e* (X2 + y2 +2X)+(2X+2)ex+y

vy

f, =€ (X’ +y? +2x)+2y-e

fx — e—x2_y2 (ZX— 2X3 _4Xy2)

(2x-2° —4xy? ) +(2-6x° 4y Je

f :eX+y(x2+y2+2y)+(2y+2)ex+y

X+y

2

(-2y)(4y -2y —4y°)+(4-2x* ~12y*)e "

fxy =e" "’ (—ZY)(ZX— 2x3 —4xy2)+(_4x,2y)e—x2-y2

f =8x-2xy*+4 (1

(2

(3

€

(s

()

(7

(8

(9

53

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© MYD X — N9 aNd



8 P9

GWL NYPON MDD
2y 2X
I f=—2% (10
Yol xi 4yt Clex 4y (
f _2-(1+x2+y2)—2y-2y 2y - 2X
i (1+x°+y?) Y (1+x2+y2)2
2(x* +y?)-2x-2x
0 = ( y) 2 fy: 22y2 fo= 22X2 (11
(x2+y2) X" +y X +Yy
f 0(X* +y?)—2y-2x f 2(X* +y?)-2y-2y
Xy (X2+y2)2 vy (X2+y2)2
f _2(x2+y2)_2x~2x& c_ 2y 1 (o 2x 1 (12
x (X2+y2)2 3 Y oxP+y? 3 ©oxXP+y? 3
f _O(x2+y2)—2y-2x& _2(x2+y2)—2y-2yé
GNP (ey) 3
f, =—100sin (10x +4y) f, =10cos(10x+4y) (13
f,, =—16sin(10x+4y) f, =4cos(10x+4y)
f,. =—40sin(10x+4y) f,, =—40sin(10x+4y)
f,=Y fy =2 f,=0 f,=yz (14
=X f, =0 f,=2 f,=xz
fzz=0 fzy:X fzx=y fZ=Xy
-2 (15
-1 (16
1
-—= (17
242
!
N € s
16

54

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY

© NSO N — NN aNd



GOOL

SN0 Hravw2

N 5 NP'VNNN2 N2NON NaNN

DMLNIXM DVINY - MNND NXpPNha - 9 71a

01Myn 101N

2 DMIVNIN) DIV .1

www.gool.co.il
54

4—



2919 val LN DYIVIDOY - MININD NYIPNS

OMIVNIXRA DYYVINY

MHNY

2 2
X 4
(z<0) Z+ y? +§ =3 PNPNAN MY ITIND NLWHN P (1

1X=-2, Y=1n2,P nTipda nowny powun MUn IRNYNI NN

,(—2,2,-2) N2 Xyz =8 nuwnd Prun NN HY NNNYN IR (2
I NTIPI PNIN NVYNY 2NN YIVNIIN TN DY IRNWYN 1

, X2 +8y2=21-277% nowny pPwnn NN INSD (3
. X+8y+18z =0 7wnd Hapnn

SIVWOD NTIPI PPWNN MR 1vavn X +.JY +4Z =va nowny (4
JNNNN,AB,C MTIPIA X, Y,z DY PN NN TN DT NN
.0=(0,0,0) : oo

.OA+ 0B + OC =a yn
(NPYNN NTIPI2 NN 1R DIYOPN DIIFDY NI NYYND)

.(1,2,-1) NP NN, X°yz +3y? =2xz° -8z nLWNN PM (5
L X+3y =2z =10 7M1 DX TNIN,NNNIN NTIPIA NLWNY 9NN WD

QT2
.Q NTIPIN NN INNN

NNAWN 12NN TN 929 THINND X° —2yz+y° =4 NOYNRNIVIRIN (6
.(L,-1,2) NN NP, X +1=(2-4a)y* +az’ DNOWNN

,C:x=6sint, y=4cos3t, z=2sin5t DIPYY PPUNN WD NXNYN INND (7

1
t=27 mnmpa

55 wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd



2919 GJWL LN DYIVIDOY - MININD NYIPNS

:DXNIN DOPYONIY DY (8
,C: x=x(t), y=y(), z=2z(t) Opy M .X
.DIPYN INNWNI t =t; NIANNN NOAPNNT, P (X, Yo. Zg) NTIPI NN
N> DIPYD 91N NN IXNYI D ININ
. X'(to)-(X—X0)+ yl(to)'(y_yo)"'zl(to)'(z_zo) =0
DIPYD DNINN NN IRNWN NN INSD .2
,C:x=6sint, y=4cos3t, z=2sin5t
.t=0.257 N2 NMPA
Coix=2t+1 y=t*-1 z=t’+t
, MMPY >NY MNNY (9
C,:x=s" y=-s z=s-1
NTIPI2 MONN JPNY I, S NLWN DY NINNNDI NIMIPYN SNV O NNN
XY IVWINI NINSOIN

DIMIPYN NV P TINND NTIPI DN IRYD N

TIIPNN NTIPIA MMIPYN SNWY PPUNN NN INNWN DX INSD .2
DIMIPYN NV Pav

Cix=2t+1, y=t"-1, z=t*+t
,C,:x=5", y =—s, z=s-1 MMmpy viov nmn (10
C,:Xx=U+2, y=u, z=u’-1

NTIPI2 NMONNI INVIDY 1Y, S NLWN DY MINSN) MMPYN YIDY ¥ NN
CXY YN NINNIIN

INIPYN SNV PR IINN NTIPI DX INSD X
1PN 1S NLWNY PEVN NYIN PIAYND 1N DN NTIPIA OXN .2

: DONAN DXOYON DY NY (11

F(x,y,z)=0
, :01‘7”5 POVYNN VN IXRNYNDY NN .N

G(x,y,2)=0
0: P+t-VF(P)xVG(P) NN, 19w P nTipaa
: DIPYY PPUNN WD DRNWN IR INSD, (L-11) NP2 a2

2xz—x’y =3
Xy +y’z=-2
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2919 val LN DYIVIDOY - MININD NYIPNS

: DYNAN DYON DY Ny (12

F(x,y,2)=0
, DIPYY Y2071 NN IXNYNIY INIIN N

G(x,y,2)=0
,a(x—x,)+b(y—y,)+c(z—2z,) =0 NN ,PO¥W P N2
.(a,b,c) = VF(P)x VG(P) TWN>
:DIPYD OINDINN NN IRNWN NN INNA , (L,-1,1) DTPI .2
2xz—x’y =3
{3x2y +y’z=-2

.X=ucosv, y=usinv, z=u*+V? Oy r:R* - R mypnon nnm (13
1POUN NN DOP 1NIYY MTIPIN 1IN
(u,v)=(1,0) NTIPI,POUNN NYINN AINNYN NN INYN

NOLYND THINRND ,NTNN NOPND NV INND (14
,X=sinucosv, y=sinusinv, z=cosu
.uel0,z], ve[0,2z] Ty
192770 NLYN NPNAI

57

wWwWw.GooL.co.il 9NN 102 INT 1IVIDA XON NINSY
© NSO N — NN aNd




2919 GWL LN DYIVIDOY - MININD NYIPNS

NOYD Mvn

3x-6y+2z+18=0 (1
X—y+2+6=0,(-2,2,-2)+t(1L,-1,1) (2
X+8y+18z=21, x+8y+18z=-21 (3
SN NONRY (4

Q(7,-9,-15) (5

NN NORY (6

0: (%Y, z):(3\/5,—2\/5,—\/§)+s(3\/§,—6\/§,—5\/§) (7

3x—6y-52=262 .2 NN NONY X (8

X—2z=1.2 P(1-10) .X (9

.N2.2 LP(R-10) 20 TONN NPV 5AP) .N (10
(x,y,2)=(,-1,1)+t(3,16,2) .a .IN2N NORY N (11
3x+16y+2z=-11 2 NN MONRY X (12

—2x+z=-1  .(0,0,0) vy ,NTPIY> (13

,1 DT 0Y , DV YN BIINY NI, A= n_ _xyz) (14

Al 2 +y?+2°

X4+ yi 472 =1 . Imnonv
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10 P99 GWL LU OY DY TPNPNAY 9IIN) NP

DINYN MY 2 nXpna? 901N NXp

MHNY

,8-1 MYNWA NPIPNOIN NNN 9 M2y
;9N IN DY ,DIOPNT JMN NN NPVIP MTIPI INSD

f(x,y)=8x3+12xy+3y*>-18x (1
f(x,y)=x3+y>-3x-12y+20 (2
f(x,y)=x3+y*-3xy+4 (3
f(x,y)=3x—x>-2y?+y* (4
f(x,y)=e¥>*Y (s
f(xy)=yJx-y?-x+6y (6

2,2
oy =Y @

f(x,y)=e*cosy (8

2=X3+ Y3 =3xy+4 nown Py (9
NOWRY DOPAIRN DIPOWNN DINWNN MINNIYA NN INSD

NLYY N2XNN YTHN NN IAYN ,P7ND 32 JNIY NINMNOT MINN YD Pan (10
SHNN NIN NHY DN

,—2X—=2Yy+z2=0 1wy (1,2,3) nTIiPInNm INP2 ISPN PNIND DX INSD (11
D71 NTMIPIY NP NAIPN NWINN DY NTIPIN NN 19)
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10 P9 GOOL WD Y SY NPT 9GIINY PNYOP

)02 YIND ,D012vN) 1010 I (12
.83 NN D2 NIAVNN NN MDY 63 NXN NIND NIAVNNI TY NN NDY
Q, VIPan NN ,XINA NIAVNND Q, VI AN NN TOIN PNV DN

.Q,=116—-30R, +20R,,  Q, =144+16P —24P, :> by 02 Navnny
DOPNY TN DY, P, -1 B ,02112wNnn >1PNN NX 2P0 MIND NN T8O
Y AN NN NN NN

f(xy)=xt+y +axy DOSPNAN NN (13
JPVIP NTIPI NN (0,0) NTIPINY NN N

a YV DYDY IDON NIY WIAP ,NMIVN NI 1NN NITYA .2
YT 370 ROV IR, 90IN, D120, 01900910 NN /N PYON NN

b 1
90PN O j (24-2x—x*)>dx-w 72 ,b>a ,01900 MW INYD (14

a

OO Mvn

0N (1.5-3) ;99 (-0.51) (1
AN (L,-2) , (-1, 2) ; owoPn (-1,-2) ; oY (1, 2

)
0N (11) ;9918(0,0) (3
99N (-1, 0),(11),(L -1) ; owropn (1, 0) ; owovn (-1, 1)(-1, -1) (4
.0MopPn (0, 2) (5
.DMOPN (4, 4) (6
.0mopPn (-0.5 4) (7
JDPOIP MTMPI PR (8
z=4, z=3 (9

270 2 D20, N0 4 TN, N0 4aM7 (10

-(1/3,473,10/3)9MP2 NP NTIPI .THIN MTN> 1 NI OO»N PNIn (11

.288% Ynopn N1 B =108, P, =12% (12

a>2, a<-2;nYmIMmNY,a=2 a=-27y .2 NN NONY LN (13
DYIPN 2<a<2 ;99N

a=-6, b=4 (14
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11 P—19 th LLDONYVN MY ‘JW ﬂ’SPJWS ‘J\U ]13’17

(‘'Tan? *2a12) 112°X NNN DNNYN Y 2V dxpna v nxop

MOHNY

S NINN XIDINRD 91902, NPNPNN DY DIIPNM DIPOPNN NN INND §-1 MHNWI
f(x,y)=x2+y* 2x°+3xy=1-2y* (1

f(xy)=x"-vy% X +y’=1 (2
f(x,y)=4x+6y; xX*+y*=13 (3
f(x,y)=x%y; X*+2y*=6 (4

Xy >0 qwNa, max{xy} st x+3y=12 pppnnvyanm (5

PYIN IR IINS N
V2D 97 PINDNAN A

X,y20 IWN, max{2x+y} st JX+\y =9 nopnmmyamn (6
7PYAN NN IS LN
7YY 5973 PIND INAN .2

, X+3y =12 N by MINSIN MTPIN 9o pan (7
I2D0PN MNYY NJAINY 1T NN INYNI

MYTIPIN DROINSD , 2X2 +3Xy =1—2y2 nmipyn Syw MmN 95 pan (8

TPYNIN JPNINY MTIPIN DX POOD1N XN DXPNN THPYRIN JPNINY
A0PN NIN DXPNN

,3X—6Y+4=0 9NN N2 IN¥PN PNIND NN INSD (9
X2 42Xy + Y2 +4y =0 no1nay
|ax, + by, +¢|

Ja?+h?

NI, ax+by +¢=0 W0 (X, Y,) NTIPIN PRI 107
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11719 GOOL . DINVUN MY Y IINPNG SV NP

DY NP Y ) DDA VP X IV INP OV (10
AU(Xy)=Inx+Iny >m 5y mnny, (X, Y) 5900 N80 nONN

DY 2 NPIY P PN ,NTY 1 DMNBTN MR PN
,In16 NOYIN NN PYND INSYD YAIP POWIN
JPONDIN MDY NNT HPUND 1INIYND NI

JVOUNN MY NN 1IN IND)

DVIVY WPy ) DNAIN WP X PV INP NT (11
AU(X, Y) =Xy >0y nnm (X, Y) DON N8N NN

DY 3 NPIY VP PN DY 1 OMNBDN MR PN
N7Y 12 DY SPN NTH
2T YA NN NN IND)

X2+ y? =13 2o, (y) ,O0NY,(X) ;100 P2 NN Py (12
(X, y) =4X+6Yy NN »TH
,1IDNN IMPY YY, (X, Y) = (11 ,00N) YD1 NN Wann 27

JONINY NN NN DY NOVIND NN DIPOPND NN
PYAN NN N IND)

Q=K ++L M nrxpag vy (13
.P«=2,B =10n L K 075 onnn
,(K*, L*) NPIN NN WONND XIN 100 NPION NN INSNDI 1IN

.MOYN NN DI NX2NDN
(MMNA5 XD) YINON MY NN IND)

~max{u(x,y)} st. px+p,y=1 NIDX NNN NP NMya mn) (14
PYN DY ODNIP 280 NNIND I .7YIAN DY PINN NTIP) (x*, y*) N

U +y

X- -u
PYIAN OV PNINN NTIPIA A = fy D»PNR A IR D9 IO
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11719

Gwl L DINVN NV HY DNPN0 SY NP

NOYD Mvn

max (+1,71) min(i 1/7,1\/1/_7) (1
min(0,+1)  max(+10) (2

max (2,3) min(-2,-3) (3
max(+2,1)  min(+2,-1) (4
max(6,2) (5

max(9,36) (6

(6,2) (7

max (+1, ¥1) min(J_r 1/7,+ 1/7) (8

71345 (9

min(\/ﬁ,\/g) (10

max(6,2) (11

max(2,3) (12

min{2K +L}; K ++/L =100 (13
N2 NONY (14
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12 99 val U0 VA TPNPND HY VIMN NP

NNIDN NP NX1APA — DNINYN YA NXpNa 2v v2mn 1xXp

MOHNY

2V VOMNN DN NN VINNN DIOPNN IR IIVN (1
,2IMON OINNN NN R AWRD R oInna (X, y) =3xy—6x—3y+7

.(0,5),(3,0),(0,0) on »MpTIPY YWN NI

Dv LINNIN DINPHN NN VINMNN DINOPNN NXRIIAVN (2
NN DINNN NN R IWNY R onna (X, y) =x?-3y? —2x+6y
.(2,0),(2,2),(0,2),(0,0) on »71ipTipw M2 nNNa

DV VOMNN DIIPNPN NN VIMNN DIOPNN NN IIAWN (3
X2+ Y2 <4 9yn NN R N0 R onna F(X y)=x2+2y2—x

DV VINININ DINIPNHN NN VIMNN DIOPNN NX VYN (4
AMON DINNN NN R IWND, R 0nna F(X,y)=X2+y2—Xy+X+Yy

R={(x,y)|x+y>-3, x<0,y <0}

Sv VYININN DINPHN NN VINMNN DIPOPNN NN IAWN (5
ANON DINNN NN R AwNd R 0nna (X, y) = X2 +y?-12x+16y

.R:{(x,y)|x2+y2£1, 3x2—y}

PID MAIVN

=11 09MN DYPN .7 VOMN DMOPN (1

=1 00MN DNIYPN .3 VONMN DIOPN (2

=¥ 09MN DOYN L3, VOMN OOPN (3

-1 09NN DN .6 VONMN DOPN (4

.1-6v10 VOMIN DYPYN .1+610 VIMN DIOPN (5
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13979 GWL 09195 DYNVIN

n»1a3 0?21V IN

MHNY

: 3=1 MOYNWA DYNIVIND NN VN

.l[j.(x+y)dxdy (1
00
1x
nyzdydx (2
0 x?
ngoja'rzsinzgodr (3
0 0

L IURD TP NVIND ST MW MNIN NN DN, J' j f(x, y)dxdy Svvrna
D
.B(@1,1),A(1,0),0(0,0) :NpTpndyavnhvn-D (4
.B(-2,1),A(2,1),0(0,0) :ompNpndyaviawn - D (5
.C(0,1),B(1,2),A(1,0),0(0,0) :NpNpnbyaiov-D (6
Xe+y* <l wy-D (7

Xe+yiP<y Swy-D (8
D={(xVy<Ly>x*}

D={ (x,y)|1<sx*+y*<4} (10
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13979 GOOL 09195 DYNVIN

: DYNAN DYDNLVINN NN VN

X=19wm y?=4x n9119n >y 01oN D WK, ” xy2dxdy (11
D

dxdy
12
J4—X (

.(2,2) nMpaa noMY 2 OYTI YA

930 YV NIXPN NYPM ML TNRIPN P 37y DIDN D WK, I I
D

JPURIL NIMY ,a DPTIN Y2 )Y D IWNRI I j |xy|dxdy (13
D

MYL¥N NOYA T19%2PN D IWND J' j (x> +y?)dxdy (14
D

.(a>0)y=3a,y=a, y=x+a, y=X

X=-1y=0,y=7,y=7zJX P1NI931 OINNA D wm,ﬂ%dA (15
D VA
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13979 ch)t 09195 DYNVIN

NOYD MAvn

1 Q1
— (2

—r (3

jdxjx.f(x,y)dy :jdyj‘f(x, y)dx (4

2 1 0 1 1 2y
jdxj f(x,y)dy+jdxj f(x,y)dy =jdyj f(x,y)dx (5
0 x/2 -2 —Xx/2 0 -2y
1 x+1 1 1 2 1
[ax [ o, y)dy =[dy[ £ y)dx+[dy [ £(xy)dx (6
0 0 0 0 1 oy
1 1-x? 1 \/1—7
Idxj f(x,y)dy:IdyI f(x,y)dx (7
v g N
[ax [ fooyydy=[dy [ feoyydx (8
V21 [T, 0 _fy-y?
2 \a
11 1y
[ax[ toyydy=[dy [ f(yydx (9
-1 x? 0 _\ﬁ
jdyj f(x,y)dx+jdyj f(x, y)dx+
oo T (10
L ey 2 iy
+jdyj f(x,y)dx+Idy j f(x, y)dx
-1 f-y2 1 —Ja-y?
2
21
51642 1)
3
a4
£ a3
5 (
14a* (14
0 (15
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13 P19 Gwl D219 DYYNLIN

MXAVIN T Na?nn

MHNY

:6=1 MYNYA DYDINVINI NINNVIN ITO I1IDONN

g 2 2x
f (x,y)dyd

_L J, (x, y)dydx (2 ! j f(x,y)dydx (1
1 1-x° 1 2

j j f(x,y)dydx (4 j J'f(x,y)dydx 3
-1 0 3
e Inx 5 W

! J;f(x,y)dydx (6 [ ] feondydx s
1 2—X

:(MNINVINN ITO NX NV : 137) DINAN DXINVIRD NN IAVN

34y 42
[ [ (cryydedy 8 [[efdxdy ¢
0 1 0y
44 1y23
“sin(yz)dydx (10 (X, y>0)j J' eXydxdy (9
0 x
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13979 GWL 09195 DYNVIN

M0 MHIYN

j j f(x,y)dA= j j f (x,y)dydx = j h(f) f(x, y)dydx = deh(f) f(x,y)dy

a g(x) a  g(x)

d v(y) d v(y

)
ﬂf(x,y)dA:ﬂf(x,y)dxdy:jj f(x,y)dxdy:jdyj f(x, y)dx

D

cu(y) u(y)

Y=g

I
|
|
|
I
|
|
|
|
|
3
a b

DNLINN NN HYND DMV ,DYTOPN KXY DNAY MTOMI DIV 29 1Y
b h(x) b h(x)
599¢ INNND MY IR Y DWW . j j f(x, y)dxdy : 72 J’ j f (x, y)dydx

ag(x) a g(x)

.07 dydx -) dxdy DN 1Y NN NIN
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13 P19 Gwl D219 DYYNLIN

NOYD MVn

Jz‘dyf f(x, y)dx+j.dyj f(x,y)dx (1

0 yl2 2 yl2
0 2,y+1 8 2-y
jdyj f(x,y)dx+jdyj f(x,y)dx (2
-1 -2yl 0 -2,Jy+1
Ly
Jay[ fooyydx (3
N
0 1-y? N )
jdyj f(x,y)dx+jdyj f(x,y)dx (4
-1 oy 0 _\/1__3’
1 nfy?

Jay | fluyx (s

0 y

_l[dyj' f(x,y)dx (6
0 ey

1

S @
241
E (8

He-2

%(1— cosl6) (10
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14 P9

Gwl 21951 HDNVINRN PV

21900 27V 1NN WINYY

MHNY

: DIPYN MY DIMDNN BIINNN HVY NN VN 4-1 MONYA

X+y=2, x2—-4y=4 (1

(a>0) xy=a? x+y:ga (2

y2=9-x, y?=9-9x (3

X+y=3, y’=4x (4

: DNOWYNHN MY DIMONN B3NN SN NN 1AWN 10-5 MOHNWA
z=1+x+Y,z=0,x+y=1,x=0,y=0 (5
2=0,z2=x2+y2,y=1,y=x> (6

(x>0)z=0,z=x*+y, y=0.5%, y=2X, yzé (7

=1,2y?’=x (8

2
(z>0) x2+y7:1, Z=Yy (9

Z=X+Y,z2=6,x=0,y=0,z=0 (10
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14 P19 GOOL 91991 HYNOPNI VDY

,(0,1), (0,0), (1,0) DN YPIPTPY , YWD NN PTMDS (11
CO(X, Y) = XY MmN nrspng v
MDD NON NX VN N
MDD DY TADN DI IR MIVN A

’Rz{(x, y)|—%§ ygg, —%gs%} 1200 ANNA PT MO (12

01N MSN) NYIAP MDA NONPNY W
. Z-N PN 20 MYN DY THNNN VINID NN AN
.M ,mYN S NONN MYNNNI NIVNN NN IRV

12515 Sy R¥IN, X2 + 2% =4 990 PON HY DM NLY NN INNND (13
Xy Monaw, R={(x,y)|0<x<1,0<y<4}
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14 P9

Gwl 21951 HDNVINRN PV

NOYD Mvn

— (1
aZ(E—ZIn 2) (2
8

32 (3
4

(5
— (6
— @

16= (8

(E,EJ A L xm
24

M (a2 +b2)
12
1
E7r(5\/§—1) (13

(12
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15719

GWL ... MOPTNNIPA D919 DITNLIN

21492 'vnnn X1an

MHNY

: TP MINNA OMNX INONM YN DIXIAN DIMNNN IR IVVIY (1

S:{(x,y)|x2+y2£4} N

S:{(x,y)|0$y£m} A
S:{(x,y)|—ng£0} 2D

: Y919 NINN DMIN NPNMY YN DININD DXNINND NN IVVLIVY (2

S={(x,y)[1<x’+y* <4} X
S={(x,y)[1<x*+y*<4,x20,y>0} 2
S:{(x,y)|1£x2+y2£4,x20 2

}
S={(xy)|1<x’+y* <4, y>0| .7

:1PI219 NHINN2 DNMIX NN NYINI DINIAN DIMINNN NX VLIV (3

S={(xy)[1<x*+y’ <4, x<y<2x} .N
S={(xy)[x*+y*<4,y=x} 2

.S = {(x, y) |%x+§ <y<25- xz} ;1IN NN XN DINNND DX INVSD (4

~S={(X,Y)I

1

N

X<y </8X— xz} : TP NN NN DINND DX OSD (5
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GOOL

... MOPTNNIPA D919 DITNLIN

.DINN PN DO, DMPRNY PNY (6

.DMINNNN TNNX 5 D592 1INN NN NINN DIMINNNN THX 93 1IND

299N N 9N
3
1
H9IY MAVN
0<r<2? 0<r<2 0< 2
2D A N (1
057<0<15x 0<0<r 0<0<2r
1<r<?2
—0572<0<05x
1<r<?2 1<r<2
or A NO(2
0<0<057 0<0<2rx
1<r<?2
152<0<25x
1<r<?2
0<O0<rx
1<r<?2
0<r<2 0257<60<1.257 .A N (3
0.257r <@ <arctan2
7f—§i——5£r35
sin ;cw . @
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